If S is a Dedekind structure, f then for any two elements A and B of S, the quotient structures [A, B] 
This result is comparatively trivial if both the ascending and descending chain conditions hold. That some sort of chain condition is necessary may be seen by a simple example. Consider a structure S with an all element O 0 and a unit element E 0 built up out of three ordered structures Si, S2, S 3 meeting only at Oo and E 0 , so that if S u e S w , then ( 
For clearly [M,A]D [M, B]. Since A D {A, [M, B]) DB and A >B, either (A, [M, B]) =A or (A, [M, B]) =B. If (A, [Af, B]) =A, then [M,B]*A D [M,A], so that [M,B]=[M,A]. If (A, [M,B])=B, then A>(A, [Af, B]). Hence by Lemma 4, [A, [M, B]]>[M 9 B]. But since A 3 B, [A, [M,B]]=[M,A].
Our final lemma is the dual of Lemma 5.
LEMMA 6. Let 2 be a structure in which (e) holds. Then if A covers B and M is any other element of 2, either (ikf, A) equals (Af, B) or (M,A) covers (Af, B).
We shall prove our theorem indirectly. Assume that conditions (jo) and (e) hold in the structure S, but that 2 is non-Dedekindian. Then by Lemma 1, 2 contains a non-Dedekindian substructure 
